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Abstract—Six degree-of-freedom (DoF) haptic rendering of multi-region contacts between a moving hand avatar and varied-

shaped components of a music instrument is fundamental to realizing interactive simulation of music playing. There are two 

aspects of computational challenges: first, some components have significantly small sizes in some dimensions, such as the 

strings on a seven-string plucked instrument (e.g. Guqin), which makes it challenging to avoid pop-through during multi-region 

contact scenarios. Second, deformable strings may produce high-frequency vibration, which requires simulating diversified and 

subtle force sensations when a hand interacts with strings in different ways. In this paper, we propose a constraint-based 

approach to haptic interaction and simulation between a moving hand avatar and various parts of a string instrument, using a 

cylinder model for the string that has a large length-radius ratio and a sphere-tree model for the other parts that have complex 

shapes. Collision response algorithms based on configuration-based optimization is adapted to solve for the contact 

configuration of the hand avatar interacting with thin strings without penetration. To simulate the deformation and vibration of a 

string, a cylindrical volume with variable diameters is defined with response to the interaction force applied by the operator. 

Experimental results have validated the stability and efficiency of the proposed approach. Subtle force feelings can be 

simulated to reflect varied interaction patterns, to differentiate collisions between the hand avatar with a static or vibrating string 

and the effects of various colliding forces and touch locations on the strings.  

Index Terms—Haptic rendering, strings, multi-region contact, musical instrument 

——————————      —————————— 

1 INTRODUCTION

NTERACTIVE simulation of music instrument playing 
requires high-fidelity modeling and simulation to real-

ize synchronous haptic-visual-audio multi-modal feed-
back. To achieve this goal, six degree-of-freedom (DoF) 
haptic rendering of multi-region contacts between a mov-
ing hand avatar and varied-shaped components of the 
instrument is a fundamental requirement. 

As an example, Fig. 1 shows a seven-string plucked in-
strument, Guqin. Guqin playing is characterized by the 
following: 
 Hybrid shapes: Guqin consists of a body with a 

complex shape of concave and convex geometric de-
tails as well as strings, each of which has significant-
ly small size in two dimensions and a large length-
radius ratio greater than 1000. 

 Different contact scenarios: including single-region 
contact between the hand and a string, multiple-
region contacts between the hand and the 
body/strings, and hybrid contacts between the hand 
and both the body and the string(s) simultaneously. 

 Diversified interaction behaviors [1]: different con-
tact speeds may lead to different interaction forces 

and different deformation/vibration of a string; var-
ied contact locations may produce different respons-
es of the string (vibration, sound); different relative 
motion patterns (vertical tapping, lateral sliding, 
cross-string sliding etc.) of the hand avatar may pro-
duce different responses of the string (vibration, 
sound). 

 

           
Fig. 1 A seven-string plucked instrument (Guqin) and an en-

larged view of a hand interaction scenario 

1.1 Related work 

There are several papers on haptic simulation of playing 
music instruments, including violin, guitar and drum 
playing. Berdahl introduced the concept of a virtual 
acoustic drum using a modular physical modeling 
framework. Using real-time simulation to compute force 
feedback and output sound, the drum can be felt, played, 
and heard [2]. Ren et al. present a virtual instrument sys-
tem that enables multiple users to simultaneously per-
form musical pieces together on a multi-touch interface 
[3][4]. It can interpret user inputs and generate excitation 
information for real-time sound simulation to create real-
istic sounds depending on striking position, impact vigor, 
instrument shapes, and instrument cavity. 
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Different from the above literature, the goal of this pa-
per is to simulate playing music instrument using haptic 
devices. To achieve this goal, it requires collision detec-
tion between the moving tool and the music instrument 
in the virtual world, and simulation of 6-dimensional (6-D) 
force/torque feedback and corresponding response of the 
music components. 

One technical challenge is how to avoid pop-through 
under diversified contact scenarios with thin-sized objects, 
such as strings on violin, guitar, and Guqin etc. Collision 
detection and response method should prevent penetra-
tion and pop-through of the tool under various hitting 
speeds, deformation, and vibration of the instrument. 
Furthermore, feelings of versatile force consisting of re-
pulsive and vibration forces need to be simulated to re-
flect fine motion patterns. Lastly, music sound and visual 
display of small-magnitude vibration of the hitting string 
needs to be simulated in synchronization. 

Some approaches have been proposed to tackle those 
challenges in 6-DoF haptic rendering, including the pen-
alty-based approaches [5][6][7] and constraint-based ap-
proaches [8][9][10].  

Modeling and simulation of interaction with thin ob-
jects has also been studied in literature. Choi and Lee 
modeled the haptic interaction between a rigid body tool 
with a polyhedral shape and a flexible thin wall [11]. The 
method can simulate normal and friction forces, but it is 
difficult to extend the method to simulating multi-region 
contact states in 6-DoF haptic rendering scenarios. Guide-
wire and surgical threads are typical thin objects. Guide-
wire is normally modeled as a series of finite-element 
beams [12]. Tang et al. presented a real-time physically 
based hybrid modeling approach to simulating guidewire 
insertions [13]. The long, slender body of the guidewire 
shaft is simulated using nonlinear elastic Cosserat rods. 
While the approach computed intrinsic dynamic behav-
iors of guidewire interactions within vascular structures, 
its performance on haptic rendering integrated with a 
haptic device remains to be validated. Lenoir et al. used 
dynamic splines to model surgical threads [14], which 
effectively simulated realistic bending effects of surgical 
threads.  

In our previous work, we introduced a configuration-
based optimization approach to simulating 6-DoF haptic 
interaction between complex-shaped rigid and deforma-
ble objects [15][16]. In this approach, the avatar controlled 
by the haptic device in the virtual environment is called 
the haptic tool, and its graphic display is called the graphic 
tool. As the haptic tool moves to interact with objects in 
the virtual environment, the approach solves for the cor-
responding contact configurations of the graphic tool 
without penetration into the other objects through con-
strained optimization. In this approach, both the tool and 
the objects are modeled by sphere-trees. The sphere-tree 
model is inefficient to model long and thin objects such as 
strings that have extremely small values in two dimen-
sions.  

Although high-fidelity or realism could be crucial in 
some applications such as training professional musicians, 
and design/fabrication of musical instruments, the main 

purpose of the work presented in this paper is for enter-
tainment, i.e. for virtual musical instrument playing using 
haptic-visual-auditory feedback. Thus, it is not essential 
to achieve very high fidelity in simulation. Our simula-
tion model aims to provide stable haptic feedback with 
1kHz update, along with multi-region non-penetration 
contacts between the moving tool and thin objects such as 
strings. In addition to these requirements, the simulation 
model provides reasonable realism by differentiating dif-
ferent force sensations under varied interaction behaviors 
such as colliding velocity, colliding location on the string, 
interaction mode, and physical property of the string etc. 

1.2 Contributions and organization of this paper 

Contributions of this paper can be summarized in two 
aspects.  In our previous work, we proposed a configura-
tion-based optimization approach for 6-DoF haptic simu-
lation of multi-region contacts and force/torque feedback. 
In this paper, we extend the approach to interactions in-
volving string-shaped objects without penetration and 
with stability. The novelty of the proposed work is to in-
troduce different primitives for modeling objects of dif-
ferent shapes, and thus to ensure simultaneous multi-
region contacts between a complex-shaped moving tool 
and objects of different shape models (i.e. for string-
shaped and complex-shaped objects). The string can be 
either a static or a vibrating object. This capability may be 
used for simulating complex haptic interaction with pipes 
and cables in a cluttered environment such as an aircraft 
carbin. 

Secondly, an efficient model is introduced to simulate 
the multi-modal response of strings under diverse inter-
action behaviors. The proposed vibration model for 
strings takes into account several issues, including the 
effect of string material, vibration status of the strings, 
contact location, and hitting speeds etc., to facilitate simu-
lation of subtle force feelings under different kinds of in-
teraction. 

The remainder of this paper is organized as follows. In 
Section 2, we present our approach. In Section 3 and Sec-
tion 4, we describe experiments to validate the proposed 
method, including interactions between a bunny and 
lines/pillars, and interactions between a hand avatar and 
a music instrument. Finally, we present conclusions and 
future work in Section 5. 

2 SIX DOF HAPTIC RENDERING APPROACH 

2.1 Framework of the approach 

The flowchart of the simulation approach is illustrated in 
Fig. 2, which includes two parts: offline modeling and 
online simulation.  

Two different models are used to represent the main 
body of an instrument, which is of a complex shape, and 
the strings respectively. Accordingly, two algorithms of 
collision detection (in two branches) are used. The one 
involving strings identifies the index of the active string 
among the seven strings, contact location, and hitting 
speed. Next, two algorithms based on the configuration-
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based optimization approach [15] are used to compute the 
contact configuration of the hand avatar for interacting 
with the body and the strings of the instrument respec-
tively, using different constraint matrices. The details will 
be explained in Section 2.4. 

After computing the configuration of the hand avatar, 

feedback force and torque is computed by considering the 
interaction effect of repulsive force and vibration force. 
Finally, the response of the string is computed. 
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Fig. 2 Flowchart of the haptic simulation approach 

 

2.2 Modeling 

We focus on simulating music play as the result of inter-
action between a hand and a string instrument. The hand 
avatar in the virtual environment is modeled by a sphere-
tree, as shown in Fig. 3. The string music instrument is 
represented by a sphere-tree model for its body, and the 
strings are represented by cylinder models. In Fig. 4, we 
show the triangle mesh model and sphere-tree model of 
the body of the music instrument. 

For both the hand and the music instrument, the trian-
gle mesh model is used for graphic rendering. 
 

Polygon 
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Fig. 3 Triangle mesh model and the sphere-tree models for the 

hand avatar 
 

 

 
Fig. 4 The triangle mesh model and the hierarchical sphere-tree 

model for the body of a Guqin 

To simulate the deformation and vibration of the string 
during interaction process, a vibrating string is modeled 
by a cylinder with a variable diameter as shown in Fig. 5, 

while the value of the diameter is computed by the de-
formation models to be detailed in Section 2.6. According 
to the theory of string vibration, the magnitude of higher-
order vibrational modes is much smaller than the lowest-
order vibrational mode. Therefore we ignore the effect of 
higher-order vibrational modes in the simulation model 
shown in Fig. 5. 

To simulate the vibration of the string, the cylinder 
model is dynamically updated to represent its defor-
mation under vibration. 

t
r

 
Fig. 5 Illustration of a dynamically updated model of the string 

2.3 Collision Detection involving Strings 

In order to detect collisions between the virtual hand and 
a string, information about the active string index, loca-
tion of the contact/hitting point on the string, and hitting 
speed against the string are needed. 

We introduce a discrete collision detection method to 
detect the collision pairs between the sphere-tree of the 
virtual hand and the cylinder model of a string.  

Fig. 6 shows the hierarchical collision detection process, 
while the red spheres are detected to be in collision with 
the cylinder.  

In above process, the key step is to detect the possible 
collision between a leaf sphere and the cylinder. There are 
two possible cases as shown in Fig. 7. Suppose the sphere 

center is ( , , )T T TO x y z , the sphere radius is Tr , the centers 

of the top and bottom surface of the cylinder are 

( , , )A A AA x y z  and ( , , )B B BB x y z . The cylinder radius is 
cr . 
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Fig. 6  Collision detection between a sphere-tree and the cylinder 
(S and C denote sphere-tree and cylinder respectively) 
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Fig. 7  Collision detection between a sphere and the cylinder 

The collision occurs under the following condition: 

 
22

T cd r r                                           (1) 

where d  represents the distance from the center of the 

current sphere to the axis of the cylinder, and it can be 
quickly computed by the following model: 

2 2 2

2 T A T A T A T A T A T A

B A B A B A B A B A B A

y y z z z z x x x x y y
d

y y z z z z x x x x y y

     
  

     
 

(2) 

where ( , , )A A Ax y z , ( , , )B B Bx y z  and ( , , )T T Tx y z  are the 

coordinates of the points A, B and the sphere center. 

As shown in case 2 of Fig. 7, the above model does not 
consider the case when the projection point D moves be-
yond the length of the cylinder, therefore the following 
additional criterion is defined: 

     
2 2 2

B A B A B A

DA

x x y y z z

  

    

      (3) 

where DA  represents the distance from the projection 

point D to the center A of the top surface of the cylinder. 
 equals to 1 if the point D locates to the right side of 

point A; otherwise it equals to -1. 
Therefore, the criteria for effective collisions between 

the sphere and cylinder are defined as 

 
22

[0,1]

T cd r r



  




                                              (4) 

It should be noted the above collision detection criteria 
may introduce an approximation, i.e. if   is slightly neg-
ative, then it should still be possible for the sphere to 
touch the cylinder. In order to prevent this approximation 
from distorting perception of the string at the end, a small 
margin could be introduced to enlarge the range of   in 

the criteria. 
As mentioned in Section 2.2, the diameter of the cylin-

der may dynamically change to simulate the vibration of 
the string during interaction.  

2.4 Configuration-based optimization 

We propose the following configuration-based optimiza-
tion model to support the 6-DoF haptic simulation of 
multi-region contacts and force/torque feedback for hy-
brid environments involving string-shaped objects:  

    

   

 

 

1
:

2

, , 0, 1,2, ,

, , 0, 1,2, ,

T
t t t t

g h g h

i i i i

j j j j

Minimize

C x y z i M

D x y z j N


 


  
  

q q G q q

                      (5) 

As shown in Fig. 8,
 
 t

hq  refers to the configuration of 
the haptic tool in current simulation loop [15]. t

gq  refers 
to the configuration of the graphic tool, which is the solu-
tion of the quadratic programming problem with inequal-
ity constraints. Matrix G

 
refers to the diagonal stiffness 

matrix [15].  , ,i i i iC x y z  is the constraint condition for 
modeling non-penetration between sphere-tree models of 
the tool and objects [15], and , ,j j jx y z

 
refers to the world 

coordinate of the center of the j-th sphere in the tool's 
sphere-tree.  , ,j j j jD x y z  refers to the constraint condi-
tion for modeling non-penetration between the sphere-
tree model of the tool and the cylinder model of a string-
shaped object. 

 
Moving tool

 (Sphere-tree model)
Object I

 (Sphere-tree model)

Object II 
(Analytic model)

t
gqGraphic tool (      )

t
hqHaptic tool (      )

 
 Fig. 8  Optimization under multi-region contacts with hybrid mod-

els 
The non-penetration constraint between a sphere and a 

cylinder can be represented as the following inequality 

 
2

2 0, 1,2, ,j j cd r r j N                         (6) 

where 
jd
 
refers to the distance from the j-th sphere's cen-

ter to the axis of the cylinder, N  refers to the number of 

intersected spheres with the cylinder, and 
jr  refers to the  

radius of the  j-th sphere. 
Because the cylinder is fixed in the virtual environ-

ment, the cylinder’s axis and radius have constant values. 
And thus the above formula only contains one variable, 
i.e., the sphere’s center. 

 , , 0, 1,2, ,j j j jD x y z j N                 (7) 

The constrained optimization model in (5) is solved by 
an active set method [19] to obtain the contact configura-
tion of the graphic tool. The active set method is generally 
one of the most effective methods for small- to medium-
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scale QP problems, which performs well in our algorithm. 

2.5 Force modeling 

When the hand avatar interacts with a static string, the 
force/torque is computed using a 6-dimensional spring-
force model [15]. When the hand avatar collides with a 
vibrating string, the human operator may feel both the 
repulsive force and a vibration force caused by the resid-
ual vibration. The force model consisting of the repulsive 

force 
rF  and vibration force 

vF  is defined as follows 

        

d r v F F F                                 (8) 

where the first term on the right side is the 3-dimensional 
force component in the 6-dimensional spring-force model 
[15], and the second term denotes a decaying component 
caused by the residual vibration of the string: 

 max sind

t

T

v vk e t


  F r                                    (9) 

where 
vk

 
represents the elastic restitution coefficient of 

the string, which models the quasi-linear relationship 
between the elastic restitution force and the elastic verti-

cal deformation of the string, 
maxr  refers to the radius of 

the string's cylinder model corresponding to the maximal 

deformation of the string when it was released, 
dT  refers 

to a constant variable to define the decaying rate of the 
string, and   denotes the angular velocity, which reflects 

the influence of the inherent vibration period of the string. 

2.6 Collision response of the string 

Under a typical interaction scenario, the string is de-
formed to a specific magnitude by an external force, and 
vibrates after the hand releases the string.  

iF

1 2

tF
rF

2L
1L T

iF
T

L

L



 
Fig. 9 Illustration of the external and internal force on the string 

As illustrated in Fig. 9, the following force balance 
model [1] was adopted to model the relationship between 
the deformation of the string and the magnitude of the 

repulsive force 
rF , i.e. 

1 2

( )(sin sin )r i
L L

 
  F T F                          (10) 

where   denotes the vertical deformation of the string. 

T  refers to the pre-tension force of the string, and iF  re-

fers to the internal axial force, which is computed by 

1 2L L L
EA

L

  
  

 
i

F                                    (11) 

where E  refers to the Young's Modulus. A  refers to the 

sectional area of the string. L  refers to the initial length of 

the string. 1L  and 2L  represent the actual length of the 

left and right part of the string respectively, which can be 
computed as 

 

 

2 2

1

2 2

2 1

L L

L L

 

 

  

     

                           (12) 

where   describes the relative distance from the contact 

point to the end point of the string. 
In our simulation model, the deformation of the string 

is computed as proportional to the displacement of the 
haptic device after the collision occurred, i.e., 

t t

g h

sk





p p
                                           (13) 

where t

gp  and t

hp  denote the positional components of 

the configuration variables of the graphic tool and the 

haptic tool respectively. Parameter 
sk  denotes the scaling 

coefficient, which is defined to address the limited stiff-
ness of the associated haptic device, i.e. to map the dis-
placement of the haptic device into a much smaller de-
formation of the string. In our system, the scaling coeffi-
cient is defined as the ratio of the elastic restitution coeffi-
cient of an ideal string to the achievable stiffness of the 
Phantom device. It should be noted that the value of   

increases to its maximum at the moment when the pluck-
ing is over, and this value was defined as the maximum 
radius of the cylinder model. To simplify the force model, 

we ignore the lateral force 
tF  caused by the slight differ-

ence between the angle 
1  and 

2 , because the lateral 

force could be very small. 
The radius of the string may increase to a maximum 

value when a user presses the string, and decay in a way 
expressed in Eq. (9) after the user releases the string. As 
modeled in Eq. (10) and (13), the deformation or the radi-
us of the string is determined by both the plucking force 
and the plucking locations along the axis of the string. 

In order to show the visual effect of string vibration, an 
enlarged cylinder with a changing diameter is displayed 
visually. In a typical music instrument, different strings 
may produce different tones. For the Guqin considered in 
this paper, there are seven recorded tunes to be defined 
for the seven strings. When a string is played, the corre-
sponding tone is played. The magnitude of the tone 

sound is also proportional to the interaction force 
d

F . The 

DirectSound SDK is utilized to play the sound. This 
method can maintain that the haptic loop is not disturbed. 

3 INTERACTION WITH HYBRID MODELS 

A Phantom Premium 3.0 6DoF is utilized as the haptic 
device to provide 6-dimensional forces/torques. The 
specifications of the computer are: Intel(R) Core(TM) 2 
2.20GHz, 2GB memory, X1550 Series Radeon graphic card. 
Note that no GPU is used. 

The purpose of this experiment is to validate whether 
the proposed method can maintain non-penetration and 
force/torque stability under diverse contact states. The 
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scene of the experiment is shown in Fig. 10. The tool is a 
moving bunny, which interacts with an object including 
two lines, two static pillars and a static base plate. The 
pillars and the base plate are modeled as sphere-tree 
models while the two lines are modeled as cylinders. In 
this experiment, the lines are regarded as rigid bodies 
without vibration. 

Y

X

Z  

Fig. 10  A bunny interacting with the object with two pillars, two 
lines and a base plate. 

3.1 Results under different contact states 

We have tested different contact scenarios between the 
bunny and different parts of the object. In all cases, there 
was no-penetration and no pop-through between the 
bunny and the object. The force/torque curves were con-
tinuous, and the stability of the haptic device was main-
tained. Fig. 11 shows the contact scenario and 
force/torque signals under a single-region contact state.  

Force(N)

Torque(N·mm)

Time/ms
 

Fig. 11  A single-region contact 

Fig. 12 shows the contact scenario and force/torque 
signals under different multi-region contact states. In a) 
the bunny contacts a line at two regions. In b) the bunny 

simultaneously contacts one line and one pillar. In c), the 
bunny contacts two lines simultaneously. As shown in 
Fig. 11 and 12-c), compared with the multi-region con-
tacts, the torque signal under the single-region contact 
was significantly small. Furthermore, the torque about the 
y-axis was large, which illustrated the resistance torque 
produced by the rotation of the bunny between two 
strings. 

 

         
      a) Contacts with a line                   b) Contacts with line and pillar  
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c)  Contacts with two lines  
Fig. 12  Multi-region contact states 

3.2 Results of contact switches 

Fig. 13 shows a sequence of haptic interaction, where con-
tact switches occur. In the first phase, the moving bunny 
first contacts the pillar, maintains the contact and moves 
along the surface of the pillar, and suddenly switches to 
contact with the line (under constraints between the 
sphere-tree and cylinder models). The force 

xF  changes 
to zero at a specific time step, which is the switch time 




